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Ïóñòü d � îòðèöàòåëüíîå áåñêâàäðàòíîå ÷èñëî, F = Q(

√
d) � ìíèìîå êâàäðàòè÷íîå

ïîëå, δF � äèñêðèìèíàíò ïîëÿ F , Q1(m) è Q2(k) � áèíàðíûå ïîëîæèòåëüíî îïðåäåëåí-
íûå ïðèìèòèâíûå êâàäðàòè÷íûå ôîðìû ñ ìàòðèöàìè A1 è A2, detA1 = detA2 = −δF .

Ïîëó÷åíà àñèìïòîòè÷åñêàÿ ôîðìóëà äëÿ ÷èñëà ðåøåíèé I(n) îïðåäåëåííîãî óðàâ-
íåíèÿ ñ êâàäðàòè÷íûìè ôîðìàìè

Q1(m) +Q2(k) = n.

Òåîðåìà 1. Ïóñòü ε � ïðîèçâîëüíîå ïîëîæèòåëüíîå ÷èñëî, δF � äèñêðèìèíàíò ïîëÿ
F , n ∈ N . Ñïðàâåäëèâî ðàâåíñòâî

I(n) =
4π2n

|δF |

+∞∑
q=1

q−4

q∑
l=1

(l,q)=1

e−2πinl/qG1(q, l, 0)G2(q, l, 0) +O(n3/4+ε).

Gi(q, l, 0) =
∑

m (mod q)

exp(2πilQi(m)/q) (i = 1, 2) � äâîéíûå ñóììû Ãàóññà. Ñóììà îñîáîãî

ðÿäà àñèìïòîòè÷åñêîé ôîðìóëû ïîëîæèòåëüíà.
Ïóñòü

I(n, h) =
∑

Q1(m)−Q2(k)=h

e−
Q1(m)+Q2(k)

n .

Òåîðåìà 2. Ïóñòü ε � ïðîèçâîëüíîå ïîëîæèòåëüíîå ÷èñëî, δF � äèñêðèìèíàíò ïîëÿ
F , n, h ∈ N , h ≤ nε. Ñïðàâåäëèâà àñèìïòîòè÷åñêàÿ ôîðìóëà

I(n, h) =
2π2n

|δF |

+∞∑
q=1

q−4

q∑
l=1

(l,q)=1

e−2πihl/qG1(q, l, 0)G2(q,−l, 0) +O(n3/4+ε).

Gi(q, l, 0) =
∑

m (mod q)

exp(2πilQi(m)/q) (i = 1, 2) � äâîéíûå ñóììû Ãàóññà. Ñóììà îñîáîãî

ðÿäà àñèìïòîòè÷åñêîé ôîðìóëû ïîëîæèòåëüíà.
Äîêàçàòåëüñòâî òåîðåì ïðîâîäèòñÿ êðóãîâûì ìåòîäîì ñ èñïîëüçîâàíèåì îöåíêè À. Âåé-

ëÿ [1] äëÿ ñóììû Êëîîñòåðìàíà.
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